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A new approach for the generation of an optical frequency comb, based on chirping of modulators, is
proposed and numerically demonstrated. The setup includes two cascaded Mach–Zehnder Modulators
(MZMs), a sinusoidal wave oscillator, and an electrical time delay. The ﬁrst MZM is driven directly by a
sinusoidal wave, while the second MZM is driven by a delayed replica of the sinusoidal wave. A mathematical model of the proposed system is formulated and modeled using the Matlab software. It is
shown that the number of the frequency lines is directly proportional to the chirp factor. In order to
achieve the highest number of frequency comb lines with the best ﬂatness, the time delay between the
driving voltages of the two MZMs is optimized. Our results reveal that at least 51 frequency lines can be
observed at the output spectrum. In addition, 27 of these lines have power ﬂuctuations of less than 1 dB.
The performance of the proposed system is also simulated using a split-step numerical analysis. An
optical frequency comb, with tunable frequency spacing ranging from 5 to 40 GHz, is successfully generated.
& 2015 Elsevier B.V. All rights reserved.
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1. Introduction
Nowadays, optical frequency comb generator (OFCG) is widely
used as multi-wavelength source for optical communication systems such as dense wavelength-division multiplexing (DWDM),
optical time-division multiplexing, and optical orthogonal frequency-division multiplexing systems [1–6]. The generated comb
is required to provide a stable frequency with a ﬁxed phase and
spacing for these applications. In addition, the ﬂatness of spectral
comb lines and low implementation costs are also vital requirements. Till today, many techniques have been proposed and developed to realize optical frequency combs (OFCs) such as the
employment of a mode locked laser (MLL) [7,8]. The instability of
carrier frequency due to the environment's dependency of laser
cavity is the main disadvantage of MLL method [3]. Another
technique is based on nonlinear effects in a highly nonlinear
medium [9]. However, this technique requires a high power ampliﬁer and an optical ﬁlter to shape the spectrum. Optical
n
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modulation technique can also be used to realize OFC whereby
multiple optical carriers with precise channel spacing can be obtained from one seed light source [10–14]. Low cost, low complexity, small size, less noise [14], and high stability are some of
the main advantages of this technique.
Many schemes have been used for generating OFCs such as by
implementing optical modulation technique. This modulation is
normally based on two approaches; amplitude-phase hybrid
modulation and intensity modulation. In amplitude-phase hybrid
modulation scheme, the number of generated comb lines is directly proportion to phase modulation (i.e. to tune the number of
comb lines, the amplitude of electrical-oscillator signal is controlled) [10–12]. The limitations of this technique are mainly due
to the limited number of generated comb lines and the use of high
power of external RF to drive the modulators. Wu et. al. successfully demonstrated a 10 GHz comb with 38 lines within a spectral
power variation of 1 dB by cascading intensity and phase modulations [11]. The problem of high power of external RF can be
solved by employing optical intensity modulators with a low
driving voltage. Shang et. al. used two cascaded intensity modulators to generate a 25 comb lines at low driving voltage [15].
In the optical intensity modulator, the change of phase of the
output light with time causes a chirping in the optical signal. The
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chirping allows the frequency of the optical signal to be increased
(positive chirp) or decreased (negative chirp) during varying the
driving signal. The chirping behavior of MZMs is often characterized by chirp factor [16]. The chirp factor is the intrinsic parameter
to an optical modulator and depends on the device structures of
optical modulators, such as the relation between the optical waveguides and the electrodes[17]. For producing high chirp factor,
asymmetric MZM can be employed [18]. Most MZMs are fabricated
with symmetric structure. They are manufactured for using as
modulators with approximately zero-chirp factor. However, there
are many techniques to control the chirping of symmetric MZMs.
Changing the voltage biasing is easiest techniques to adjust the
chirping of modulators where the chirp factor has been changed
from  4 to 5 [19]. The chirp factor has also been controlled by
introducing phase reversal electrode section in tandem with inverted ferroelectric domain section [20].
It is worth mentioning, in previous works, the amplitude and
phase of driving voltages are tuned to generate a number of frequency lines while modulators have been assumed chirp-free
modulators [11,21]. In this paper, a new technique to generate a
ﬂat and stable optical frequency comb is proposed based on employing MZMs with high chirp factors to reshape the modulated
optical signal. The performance of the proposed technique is investigated for two different setups. The ﬁrst setup employs only a
single MZM, where electrical sinusoidal waveform is used to
modulate the optical signal. The second setup uses two cascaded
MZMs and a time delayer. This setup resembles the one proposed
by Healy et. al. [22] where a dual-drive MZM is used. However the
ideas behind the OFCG operation are different. In the work of
Healy et. al., by adjusting the relative optical and RF phases of
upper and lower interferometer arms, a non-ﬂat but complementary optical spectra was obtained from phase modulation.
However, a relatively ﬂat optical frequency comb can be achieved
by tuning and recombining the phases of the two arms. For the
proposed setup, the ﬁrst MZM is driven directly by a sinusoidal
wave, while the second MZM is driven by a delayed replica of the
sinusoidal wave. The time delay between the sinusoidal waves is
used to reduce the power ﬂuctuation in the generated optical
comb spectrum. Speciﬁcally, we develop a mathematical model for
both setups to prove the inﬂuence of the chirp factor on the
number and ﬂatness of generated frequency lines. The effect of
MZM chirping on performance of both OFCGs is investigated using
the mathematical analysis. Our mathematical model is validated
by comparing the analytical results with simulation results obtained using the VPItransmissionMaker software.
The rest of the letter is organized as follows. In Section 2, the
conﬁgurations of the proposed OFCG setups are introduced along
with their mathematical models. Simulation results that provide
the power spectra of the proposed OFCGs are presented in Section
3. Finally, the conclusion is given in Section 4.

Mach–Zehnder external modulator is shown in Fig. 1. This electrode conﬁguration allows for separate control of both DC and RF
modulating signals, as well as separate electro-optic control of
both upper and lower arms of the MZM. The optical signals that
pass through the arms of the MZM are chirped and their phases
are simultaneously changed. Subsequently, the optical signals,
which are obtained from two arms, are recombined to generate a
relatively ﬂat comb lines. In this setup, the optical CW laser is
modulated by an electrical sinusoidal wave which is shifted by a
DC voltage. Let the input optical ﬁeld to the MZM be expressed as

Ei (t) =

Po exp (j2πfo )

where Po and fo are the power and frequency of the input optical
carrier, respectively. The corresponding output optical ﬁeld can be
written as [16,23]
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where Vdc is a DC voltage, Vrf is the amplitude of the sinusoidal
wave, ωr ¼ 2πfr, and fr ¼1/T is the frequency of the sinusoidal wave.
Substituting in (2), we get
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Then, the equation can be simpliﬁed as

Eo (t)
=

Ei (t)
{ exp [jA2 sin (ωr t)] exp (jA1) + exp [ −jA 4 sin (ωr t)]
2
exp (−jA 3 )}

(5)

where;

π (1 + α)
Vdc ,
2Vπ

A2 =

π (1 + α)
Vrf ,
2Vπ

2. System description and mathematical analysis

A3 =

π (1 − α)
Vdc , and
2Vπ

In this section, we introduce the conﬁgurations of the proposed
OFCG setups. We also provide a simple mathematical model that
best describes the proposed systems.

A4 =

π (1 − α)
Vrf .
2Vπ

We start our system description by providing an OFCG setup
that is based on a single MZM.
Fig. 1 shows the conﬁguration of this setup, which consists of a
dual-electrode MZM, a CW laser source, and a periodic sinusoidal
wave generator of period T. The schematic of a typical split (upper
and lower) and dual electrode (separate DC and RF) conﬁgured

⎪

where V1(t) and V2(t) are the electrical driving signals supplied to
both upper and lower MZM electrodes, respectively, α is a chirp
factor and Vπ is the voltage required to produce a 180° phase shift.
In order to operate at a push–pull mode, the driven voltages of
MZM are set V2(t)¼  V1(t). We assume that

A1 =

2.1. Single MZM conﬁguration

(1)

For achieving modulation in intensity, the MZM should be
operated at the quadrature point, where a DC bias is Vπ/2 and a
peak-to-peak modulation is Vπ. Then Vrf, which represents the
peak of RF signal should be equal to Vπ/2. This mode of operation
allows the output optical signal to increase and decrease around
the operating point of MZM without distortion as the RF signal
swings through a complete cycle. Assuming thatVrf =Vdc = Vπ /2, we
have A1 = A2 and A3 = A4 = π /2 − A1. Substituting A2, A3 and A4 in
terms of A1in (5), we get
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Fig. 1. Conﬁguration of an optical frequency comb generator using a single MZM.
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Finally, the equation can be expressed using the Bessel functions as follows:
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optical pulse has to be reshaped. In this subsection, we introduce a
two-cascaded MZMs conﬁguration in order to reshape the pulse
optically.
Fig. 2 shows the corresponding setup, which consists of a CW
laser diode, a time delayer, a sinusoidal wave oscillator, and two
MZMs. The laser diode generates a CW light with electric ﬁeld Ei(t)
as given in (1). The ﬁrst MZM is driven directly by a sinusoidal
wave oscillator with frequency fr, while the second MZM is driven
by same sinusoidal wave after being delayed by a certain time
delay δ, satisfying the condition 0 o δ o0.5 T. The output ﬁelds of
the ﬁrst and second MZMs are given by

Eo1 (t)

)

Ei (t)
{ exp [jA2 sin (ωr t)] exp (jA1)
2

=
(7)

The ﬁrst term in (7) represents the center frequency line of the
OFCG, while the second and third terms create the rest of the
comb lines. As it is shown from (7), the number of comb lines is
determined by A1. That is, the number of comb lines is controlled
by the chirp factor α when both Vrf and Vdc are set to a constant
value. Additionally, the spacing between the comb lines is governed by the oscillation frequency fr.
2.2. Two cascaded MZMs conﬁguration

+ exp [ −jA 4 sin (ωr t)] exp (−jA 3 )},
Eo (t) =

Ei (t)
{ exp [jA2 sin (ωr (t − δ))] exp (jA1)
2
+ exp [ −jA 4 sin (ωr (t − δ))] exp (−jA 3 )},
(8)

respectively. Similar to last section, we employ the condition
Vrf =Vdc = Vπ /2. Again adopting Bessel functions, the optical ﬁeld of
the OFCG can be expressed as

Based on (7), in order to increase the number of comb lines, the

Fig. 2. Conﬁguration of an optical frequency comb generator using two cascaded MZMs.
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3. Results and discussion
In this section, we present a simulation result of our proposed
systems, which was obtained using the VPItransmissionMaker
commercial software. The simulated results are also compared
with theoretical results obtained from the mathematical analysis
developed in the last section for comparison purpose. Moreover,
our proposed systems are tested by changing the chirp factor from
3 to 9. Because the highest value of chirp factor has been experimentally measured at α ¼5 [19], most results of our paper are
obtained at α ¼5.

of 100 kHz. The driven voltages of MZM are adjusted to
Vrf =Vdc = Vπ /2.
In Fig. 3, we plot the optical spectra of a single-MZM comb
generator with a constant chirp factor α ¼ 5 for different oscillation
frequencies varying from 5 GHz to 40 GHz. Fig. 3(a) shows the
output spectrum with oscillation frequency of 5 GHz, where it can
be seen that 23 comb lines can be generated. The frequency spacing between the lines is 5 GHz, while the bandwidth is 115 GHz.
As expected, as an oscillation frequency is increased to 10 GHz, the
number of comb lines remains constant, but the frequency spacing
between the lines is increased to 10 GHz and the bandwidth is
doubled as shown in Fig. 3(b). Similarly, by increasing the oscillation frequency even further, the number of comb lines remains
constant, but both the frequency spacing and bandwidth are increased accordingly, as depicted in Fig. 3(c) and (d). Fig. 4 shows
the relation between the number of frequency lines and the chirp
factor, where the optical spectra for chirp factors of 3, 5, 7, and
9 are depicted in the ﬁgure. The oscillation frequency is set constant at fr ¼10 GHz. It can be seen from the ﬁgure that comb lines
counts of 19, 23, 29, and 33 are achieved when the chirp factor is
set to 3, 5, 7, and 9, respectively. The simulation results show that
the number of frequency lines in the optical comb generator is
broadly tunable by changing the chirp factor, which agrees with
the mathematical analysis of the output optical ﬁeld Eo(t) obtained
in (7).
3.2. Simulation results of two-cascaded MZMs conﬁguration

3.1. Simulation results of single MZM conﬁguration
The single-MZM comb generator described in Fig. 1 has been
simulated and the resulting optical spectra are depicted in
Figs. 3 and 4. In our setup, a 10 dBm CW optical carrier is generated by a laser diode with a frequency of 193.1 THz and a linewidth

The cascaded-MZMs OFCG of Fig. 2 is simulated with input CW
light of frequency fo ¼193.1 THz and optical power of 10 dBm. The
oscillation frequency is set ﬁxed at fr ¼10 GHz, while the amplitude and biasing of the input sinusoidal wave are selected so that
vi (t) = 0.5 ⎣⎡Vπ sin (2πfr t) + Vπ ⎦⎤. Furthermore, the time delay δ is

Fig. 3. Optical spectra of a single-MZM comb generator with a constant chirp factor α¼ 5 for different oscillation frequencies: (a) fr ¼5 GHz, (b) fr ¼ 10 GHz, (c) fr ¼ 20 GHz and
(d) fr ¼ 40 GHz.
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Fig. 4. Optical spectra of a single-MZM comb generator with a constant fr ¼10 GHz for different chirp factors: (a) α ¼3, (b) α ¼5, (c) α ¼7 and (d) α¼ 9.

adjusted to zero and the chirp factors for both MZMs are assumed
to be identical and take values in the setα ∈ {3, 5, 7, 9} . The optical
spectra obtained by the simulation are shown in Fig. 5. It can be

seen from Fig. 5(a) that using a chirp factor α ¼3, the proposed
OFCG setup generates an optical power spectrum with 23 comb
lines. Increasing α to 5, 7, and 9, yields 35, 43, and 51 comb lines in

Fig. 5. Optical spectra of a cascaded-MZMs comb generator with fr ¼ 10 GHz and δ ¼0 for different chirp factors: (a) α¼ 3, (b) α¼ 5, (c) α¼ 7 and (d) α ¼ 9.
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Fig. 6. Number of frequency lines versus chirp factor of second MZM at various
values for chirp factors of ﬁrst MZM.

3.2.1. Optimizing the ﬂatness
In order to improve the ﬂatness of optical spectrum, the input
wave amplitude, biasing and time delay should be optimized. For
example, let the amplitude and biasing of the input wave be set so
that vi(t) ¼0.5Vπ sin(2πfrt)þ0.4Vπ and the time delay is varied
from 0 to 0.2 T, while the chirp factor for both MZMs is ﬁxed at 5.
The DC value of 0.4Vπ achieves the lowest power ﬂuctuation and it
is obtained by varying Vdc using the VPI software. The corresponding optical spectra are shown in Fig. 7. By adjusting δ ¼0, the
0.9 dB power ﬂuctuation can be obtained from Fig. 7(a). Increasing
δ to 0.1 T, 0.15 T, and 0.2 T, produces 0.55, 0.45, and 0.7 dB power
ﬂuctuation in the optical spectra, respectively. That is, lower power
ﬂuctuation is observed in the optical spectrum at time delay of 15%
of wave period where the two MZMs are operating in optimum
condition, Fig. 7(c).
In order to explore more the effect of delay time on ﬂatness of
optical combs, the optical power ﬂuctuation versus delay time is

Fig. 7. Optical spectra of a cascaded-MZMs comb generator at a constant fr ¼ 10 GHz and α¼ 5 for different delay times: (a) δ¼ 0, (b) δ ¼0.1 T, (c) δ¼ 0.15 T and (d) δ ¼ 0.2 T.

the optical spectra, respectively. This shows that, increasing the
chirp factor would increase both the number of comb lines and
ﬂuctuation. This phenomenon results from the multiplication of a
lot of sinusoidal waveforms. In agreement with (9), a higher value
of chirp factor leads to more harmonic frequencies and wider
optical spectra.
Fig. 6 depicts the number of frequency lines with ﬂuctuation
power of less than 1 dB as a function of chirp factor α. In order to
have insight of presented system setup, the chirp factor of second
MZM in the cascaded setup is varied from 1 to 11 while the ﬁrst
MZM is ﬁxed at 3, 5, 7, and 9. The highest frequency comb lines are
achieved at highest value of chirp factors. The corresponding values from analytical results are also indicated in the same ﬁgure,
which shows good agreement with simulation results.

plotted in Fig. 8. In agreement with Fig. 7, the minimum ﬂuctuation is achieved at δ ¼0.15 T for all chirp factor values of 5, 7, and 9.
In addition, the effect of delay timer on number of frequency lines
is also demonstrated in Fig. 8. As it can be seen, the number of
frequency lines is related inversely to delay time. For the sake of
convenience, in Fig. 9 we plot the optical power ﬂuctuation and
number of frequency lines versus delay time for the case when Vdc
¼0.5Vπ. It can be noticed that at δ ¼0, although the number of
comb lines are higher than that of the previous case of Vdc ¼0.4Vπ,
the corresponding power ﬂuctuations are also higher. It is also
seen that the points of minimum power ﬂuctuations occur at a
ﬁxed point of 0.2 T. From the last two ﬁgures, we have the following observations at the points of minimum power ﬂuctuations.
At α ¼5, the number of comb lines is 9 for both cases of Vdc ¼ 0.4Vπ
and Vdc ¼0.5Vπ . However, the corresponding power ﬂuctuations
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of time delay on the power ﬂuctuation is higher for suboptimum
scenarios. For example, in Fig. 9 with α ¼5, the ﬂuctuation is
changed from 1.8 to 0.55 dB when δ is varied from 0 to 0.2 T,
while, in Fig. 8 with same chirp factor, the ﬂuctuation is changed
from 0.9 to 0.45 dB only when δ is varied from 0 to 0.15 T. Fig. 10
shows both the optimal delay time and ﬂuctuation as a function of
Vdc at chirp factor of α ¼5. The optimal delay time increases linearly with the increment of the biasing voltage. Conversely, the
ﬂuctuation grows in magnitude when the biasing voltage is lower
or greater than 0.4Vπ.

4. Conclusion

Fig. 8. Power ﬂuctuation and number of frequency lines versus delay time δ at Vdc
¼ 0.4Vπ for various chirp factors.

A new approach for generating an optical frequency comb
based on chirping of two cascaded MZMs has been proposed. The
MZMs are driven by a sinusoidal wave oscillator and its delayed
replica in order to produce periodic optical pulses. A broadband
optical spectrum with a large number of frequency lines and good
ﬂatness has been achieved in the proposed setup. It has been seen
that the ﬂatness of optical spectra is improved by adjusting the
delay time between the driven voltages of two MZM. The bandwidth of the optical comb signal is determined by the frequency of
the sinusoidal wave, the chirp factor, and the time delay. Our results reveal that more than 35 frequency lines can be obtained at a
chirp factor of 5. Furthermore, 13 comb lines can be achieved with
power variation of less than 1 dB. The results showed the considerable approach for generation OFCGs.
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